CHUONG 1V
GIOT HAN

On

I. Gidi han cua day s

Gié6i han hiru han Gié6i han vo cue
1. Gidi han dic biét: 1. Gidi han dic bigt:
n—+o n n—+0 n
limg" =400 (g >1)
lim ¢" = : li = .
Jim g =0al<Di Hm C=C o i i
2.Dinh li :

a) Néu lim u, = a, lim v, = b thi
elim(u,+v,)=a+hb
elim(u,—-vy)=a-b
elim (u,.v,) =a.b =0

o 1imu—”:% (néu b =0)

a) Néu lim|u, | =+oo thi lim L =0

u,

c) Néu lim u, =a =0, limv, =0

b) Neu lim u, = a, lim v,, = #oo thi lim-2

vl’l

v Lo U 40 néuav, >0
. ! . thi  lim 2 = { o
b) Neu u, >0, vhvalimu,=a v, -0 néuav, <0
thi a>0valim /“n :\/a_ d) Neu lim u, = +oo, limv, = a
’ . . . R g O
Su fu | < = thi  lim(uyv,) = J7°  mewa>
¢) Neu |u,|<v,,vh va limv, =0 (Un.Vn) {_OO nén a<0
thi limu,=0
d) Neu lim u, = a thi hm‘”n‘ =lal * Khi tinh gioi han co mot trong cdc dang
: A > A A Py Ne A . ) 0 . o
3. Tong cua cap so nhan lui vo han vé dinh: —, f’ w0 — oo, 0.c0 thi phdi tim
2 u ®
—_— — 1
ST UL U+ WG F e = T ceh Kk dang v dinh.

(Il <1)

Mt s6 phwong phdp tim gidi han ciia day sé:

e Chia cd tir va mdu cho luy thira cao nhat ciia n.

1
I+ . \nf+n-3n
b) lim lim

VD:  a) fim2 L —gim =L _
2n+3 3 2 1-2n
2+~ —=2
n n
) 2 ) 2 4 1
C) lim(n“ —4n+1)=1limn l——+— =4
n n

e Nhin lwgng lién hop: Ding cdc hdang dang thirc




(Na—vo)asvb)=a—t:  ({fa¥6)a +Yab +067)=as

: lim\Wn?=3n-n :hm(m_”)(m”):l- Sn -3
VD: (Vo2 —3n-n) W

\/nz -3n+n

o Diing dinh Ii kep: Néu |u,|<v,,vh va limv,=0 thi  limu,=0
vD: a)Tinh im32% . Vi 0 <<t vatiml=0 nen 1im3™ =0
n n n n n
.. 3sinn—4 L )
b) Tinh hm3smn2 COST v |3smn—4cosn|S\il(:‘.z+42)(sm2n+cos2 n)=5
2n- +1
nén O_<3s1nn—4cosn|S 5 .
M1 | 2P+l
Ma lim _0 nén lim Sinn—4cosn _
2 +1 2n +1

Khi tinh cdc gidgi han dang phén thikc, ta chii y mét sé trwong hop sau diy:

e Néu bdc cua tir nhé hon bdc ciia mau thi két qua ciia giéi han dé bang 0.

e Néu bdc ciia tir bang bdc ciia mau thi két qud cia gidi han dé bang ti sé cdc hé sé cua luj thira
cao nhdt ciia tir va ciia mau.

o Néu bdc cua tir Ién hon bdc ciia mau thi két qua cua gioi han do la + oo néu hé sé cao nhdt cia

tir va mdau cung ddu va két qua la —oonéu hé so cao nhdt cua tr va mau trdi dau.

. TU LUAN
Bai 1: Tinh cac gidi han sau:

2
a) lim 2n°-—n+3

3n% +2n+1

n4

d) lim

n+DQ2+n)n* +1)

Bai 2: Tinh cac gidi han sau:

n
a) li 1+3
4+3"
n n+l
d) 1im 2>
1+5"

Bai 3: Tinh cac gioi han sau:

Jan? +1+2n-1
\Nn? +4n+1+n

a) lim

2n+1
n +4n* +3

b) lim

2
e) lim Z *
2n" +n+1

n n+l
b) limu
2.5"+7"
1+23"-7"
m—

e) li
527"

3n° +2n% +n

C) lim
nd+4
4, 2
) 1im 2n" +n- -3
303 —2n% +1
4n+l+6n+2
¢) lim——
5"+ 8"
n n
f) liml 23" +6
2}’1(3}’l+1_5)
2,3 6
¢) limA M=
\ln4+l+n2



4n® +1+2n

Nn?+4n+1+n

Bai 4: Tinh cac gidi han sau:

. 1 1
a) lim| —+—+
(1.3 3.5

d) lim

. 1+2+...+n
€) lim————"
n“+3n

Bai 5: Tinh cac gidi han sau:

a) lim(\/n2 +2n—n—1)
d) 1im(1+n2—«ln4+3n+1)

Van? +1-2n-1
\Nn*+4n+1-n

Bai 6: Tinh cac gidi han sau:

g) lim

2cos n2

a) lim
n”+1

.2 3 2
liism (" +2)+n
2-3n?

Bai 7: Cho diy s (u,) véi u, = [
a) Rut gon u,,.

Bai 8: a) Chirng minh: !

f) lim

) lim Q2nafn + D(n +3)
(n+)(n+2)

. +—] b [
2n-1Q2n+1) 1.3

m{eg)- (5

d) lim L+L+
1.2 23

\/n2 —4n —\/4112 +1

) lim

x/3n2 +1+n
1 1 ]

+
2.4 nn+2)
1
+
n(n+1))

142+2% 4. 42"

f) lim

143432 +...+3"

b) lim(\iln2 +n —\/n2 +2)
e) lim(\/n2 -n —n)

n2+\/3 1-n®
\/n4+1—n2

h) lim

n_- 2
lim( 1)"sin(B3n+n~)
3n—-1

b)

3n® —2n+2
n(3cosn+2)

m oL el ] wivnz2
22 32 n®

b) Tim lim u,.
1 1

b) Rat gon: u, = !

nntltmilNn n Anil

1 1

C) lim(\l?’ 2n-n’ +n—1)

f) lim

1
x/n2+2—\jn2+4
\/n2—4n—\/4n2+1

\I3n2+1—n

1) lim

3sin® n+ SCOSZ(I’I +1) ¢)

n? +1

d) lim

(Vn e N).

c) Tim lim u,,.

Bai 9: Cho diy s6 (U,) duoc xéac dinh bai:

ulzl

urH—l

a) Patv, = Up+1 — U, Tinh vy + v, + ... + v, theo n.

b) Tinh u, theo n.
c) Timlim u,.

+ +...+ .
W2+24d1 23 +32 nn+1+m+1)n

1 .
=, +— (n>1)



~ X , . 5 =0; =1
Bai 10: Cho day s6 (u,) dugc xac dinh boi: " "
2u, 5 =u, +u, (n=1)

a) Chirng minh réng: Un+1 = —%un +1,Vn2>1.

b) Dit v, = U, - % . Tinh v, theo n. Tir d6 tim lim U,

II. TRAC NGHIEM

Dang 1: Giéi han cia day so6 hiru ti

3,2
Cau 1: Tim lim 2 4n” = 3ntl ta dugc:
3n—2
2

A 3 B.0 C. +0 D.3

Céau 2: Tim lim wAm —3n+l ta dugc:
4n+2

A. —o0 B. _Z C. + D. 0O

2
) +n+1
Cau 3: Tim hm3”3—” ta duoc:
2n° +1
B _L C. 40 D.O
4

2
. —3n" +5n+1
Cau 4: Tim lim =221 duoc:

2n° —n+3

A 3 B. 3 C.0 D. 4+
2 2

A

N | W

4 2

) -n" =5
Cau 5: Tim llm% ta duoc:
2n” =7n

A 4 B. % C. 4+ D. —o

. 2n* —n+3
Cau 6: Tim hmu ta duoc:

3n% +2n+1

1

A B.3 C. —— D. 0
2

W | N

) 2n+1
Cau 7: Tim lll’rl?’n—2 ta du’(yc:
n +4n° +3

A. —o0 B.0 C.2 D. %
3 2
. +2n" +
Cau 8: Tim hmw ta duoc:
n +4



A. 2 B. l C. 40 D.3
4 3
nt
Cau 9: Tim lim 3 ta duoc:
(n+DR2+n)(n"+1)
A 4 B. % C.1 D. +o0

2
. +1
Cau 10: Tim hmn— ta duoc:

2nt v+l
A. % B.0 C.—o D.1
4 2
Cau 11: Tim lim% ta duoc:
3n” —=2n° +1
A. -3 B. i C. —l D. +o0
3 2

N4n® +1+2n-1
Nn? +4n+1+n

A 2 B. 4 C. +0 D. 0

Nn® +3+n—4

Cau 12: Tim lim ta duoc:

Cau 13: Tim lim ta duoc:
\/nz +2+n
A 0 B. 1 C.2 D. 4
2 3[ 6
Céau 14: Tim limM ta duoc:
\/n4 +1+n°
A 0 B. 1 C.2 D. 4
Cau 15: Tim fim @D+ duoc:
(n+1)(n+2)
A. +oo B. i C. z D.2
2 3

\fnz —4n +\ll4n2 +1

Cau 16: Tim lim ta duoc:
\/3n2 +1+n
3 1 1 4
A. B. C. — D. —
B+l J3+1 J3 J3
2
Cau 17: Tim 1im Y2 14 duoe:
4n* -2
Al B. l C. l D. -1
4 2
T E
) 8n” +1
Cau 18: Tim llmn— ta dugc:
2n-5



A. -3
Céu 21:

A. N3

Cau 22:

Cau 23:

w | &

Céau 24:

A. +o0

Céau 25;

B. 40 C. 1 D.

1
5
. N4n* +n?
Tim lim notm+3 ta duogc:
3n+2
B. % C. 40 D. 4
4 2
Tim lim 3 +2n 3+l ta duoc:
Nt +n? +1
B. —© C.2 D.1
Tim lim n-1 ta duoc:
\3n® +2n-2
B. 1 C.3 D.0
2
2n—1
Tim lim =221 3 duoe:
N4n* +n—-2
B. E C. l D. +o0
4 2
dn+1
Tim lim nt ta duogc:
\/3n2 —2n+1+2n
4
B. C.0 D.2
\/§+2
4 3 2
Tim lim \/3,1 n2 tan” —n ta duoc:
3n~ =2
B. ﬁ C. 40 D.——
3 3
Tim 1ian+1 ta duoc:
n—<n
B. +o0 C. -1 D. l
2
N I8n> +4n-2
Tim lim ta duoc:
Sn—
B. +o0 C. % D. i
5 5
2n\4
Tim lim YN duoc:
n+l
B. 4 C. 4+ D.0O
142+43+...+
Tim lim 5 3 " ta duoc:
2n°+n-1
1 1
B. — C. — D. +o0
4 2



Dang 2: Gidi han cua day c6 can thure

\/nz +3n+1—n

Cau 1: Tim lim ta dugc:
n+1

A -1 B C. +0 D. 0O

1
)

2
\3n? +2n —
Cau 2: Tim 1im 2" 2" =" 2 duoc:
3n-2

2 2 NE)

< B C.— D.
3\3+2)

A

| =

3B+ 3
Cau 3: Tim 1im(\/2n2 +1 —\jan —1) ta duoc:
A -1 B. 4 C. 4o D.0
Cau 4: Tim lim(x/3n+2 —x/3n—2) ta dugc:
A9 B. —© C.0 D. 6
Cau 5: Tim limn(x/n+3 —x/n+2) ta dugc:

A. +o0 B.5 C. E D. 0

2
n\2n+ —xln3 +n?+1

Cau 6: Tim lim ta duogc:

\/4n3 +3n

A. +o0 B.0 C. L D !

2 2(2+1)
An®*=2n+4-n

Cau 7: Tim lim ta duoc:
n+l1
A 0 B. 1 C.2 D. +oo ]
Dang 3: Day so chira liiy thira, Mil
n
Cau 1: Tim Iim ta duoc:
4+3"
A. l B. +o0 C. 1 D. E
4 4
. 43" 47
Cau 2: Tim im ——  ta duoc:
25" +7"
A 1l B. 7 C. E D. —
5
n+l n+2
) +6
Céau 3: Tim im —— ta duoc:
5" +8"
A. 0 B. 9 C. —o D. i
8 5
n n+l
Cau 4: Tim im——— ta dugc:

1+5"



A 2 B. l C. % D.5
5 5
n _ n
Cau5: Tim limM ta duoc:
5" +2.7"
1 1
A 2 B. — C. —— D.0O
5 2
. 1-23"+6"
Cau 6: Tim hm—1 ta duoc:
2" (3" —5)
1 1
A. +oo B. — C. 1 D. —
2 3

DANG 4. TONG CUA CAP SO NHAN LUI VO HAN
Cau 1. Tong cta mot cap sd nhan i vo han bang 2, tong clia ba sb hang dau tién clia cAp sb nhan bing % . S6 hang dau u, cua
cép sb nhan do la:

A uy=3 Buy=4 C. uy= D. u =5.

1

Cau 2. Tinh téng S:9+3+1+§+5 L

3n73

o
2.

A.S:22—7. B.S=14. C. S§=16. D. §=15.
, 1 1 1 1
Cau 3. Tinhtong S =~/2(1+ =4+ =+ =+ —+---|.
inh tong § = 2|12+ + 2t ot
A S={2+1.B.§=2. C. S=2J2. D. S:%.
Céau 4. Tinh tong S:1+z+é+-~+2—+---.
3 9 3"
A. §=3. B.S=4. C.S=5. D. §=6.
i . o 1 11 —1" §
Céau 5. Tong cua cap so0 nhan vd han —,——,— ..., —,... bang
2° 618 2.3"
Al B & c 2 D. 3
4 3 3 8
. 1 1) (1 1 1 1
Cau 6. Tinh tong S =|= —= |+ |=—=|+...+|——— |+
L iong [2 3] 4 9] 2" 3"]
Al B. 2 c. 3 p. L.
3 4 2

l+a+a*+..+a"
146+ +... 40"

Cau 7. Gia trj ctia gidi han lim

a| < 1,|b| <1 bang:

A 0. B. 120 ¢ 2% b Khongtén tai
l1—a 1-b6
Cau 8. Rat gon S =14-cos® x +cos* x +cos® x +---+cos>” x +--- voi cosx = £1.
A. S=sin’ x. B. S =cos’ x.
Cs=—1 D.s=— L.
sin? x cos’ x

Cau 9. Rat gon S =1—sin® x +sin* x —sin® x +---+ —1 " .sin x +--- véi sinx = £1.

A. S =sin’ x. B. S =cos® x.
S:;,Z. D. S =tan’ x.
1+sin” x



Cau 10. Thu gon S =1—tana+tan’* a—tan’ a+... véi 0 <« <£.

A. 521;_ B.§—__  O5»
~lano ﬁsin[a—{—ﬂ]
4
g—_tane D. S =tan’a.
1+tana

Cau 11. Cho m, n 1a cac sb thuc thudoc —1;1 va cac biéu thuc:

M=1+m+m>+m’+...
N =1+n+n’*+n’+-..
ﬂ A=1+mn4+m’n® +m’n® 4.
Khang dinh nao duédi day dtng?
MN MN

A A=————. B.A=———.
M+N-1 M+N+1
cA-t4i- Lt pa-tii b

M N MN M N MN

Cau 12. S thap phan vo6 han tuan hoan 0,5111--- duoc biéu dién boi phan sb t6i gian % .Tinh téng T =a+b.

A 17. B. 68. C. 133. D. 137.

Cau 13. S6 thap phan v6 han tudn hoan A = 0,353535... dugc biéu dién boi phan sb téi gian —. Tinh T = ab.
A. 3456,  B.3465. C.3645.  D. 3546,

Cau 14. S thap phan v6 han tuan hoan B =5,231231... dugc biéu dién boi phéan s6 t6i gian —. Tinh T =a—bh.

A. 1409. B. 1490.  C. 1049. D. 1940.
Cau 15. S6 thap phan v6 han tudn hoan 0,17232323... duoc biéu dién boi phan sb téi gian % . Khing dinh nao dudi day dang?

A. a—b>25 B. a—b>2"
C.a—b>2% D. a—b>2%






